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OPTOACOUSTIC  SPECTROSCOPY  TO  DETECT  HYDRAZINE  RJELS 


INTRODUCTION 


Ihe  D.r>.  Air  force  now  h  t need  ut  i  jortable  revl-t  i ■  rmnt.  detect e*\ 
with  a  sensitivity  of  at  least  O.l  ppm,  fur  the  hydrazine  tools.  Therefore  the 
purpose  of  Inis  report  is  to  present  the  principles  and  practice  of  optoacoustic 
spectroscopy  and  a  theoretical  analysis  oi  the  feasibility  for  using  this  tech¬ 
nique  to  detect  the  gaseous  hydrazine  fuels  (hydrazine,  monomethyl hydrazi no 

and  1, 1-dimethyl  hydrazine  {UDMH}).  The  success  of  numerous  efforts  to 
detect  small  quantities  of  gaseous  pollutants  is  shown  in  Table  1. 


BACKGROUND 

The  optoacoustic  effect  was  discovered  by  Alexander  Graham  Bell  over 
90  years  ago  (3 0-32).  In  his  pioneering  experiments,  Bell  focused  mechanically 
chopped,  non-di spersed  sunlight  onto  a  sample  tube.  When  the  light  fell  inter¬ 
mittently  on  a  solid  or  liquid  in  the  sample  tube  and  was  absorbed.  Bell  wit¬ 
nessed  a  "sonorousness"  through  an  attached  listening  tube  (a  short  length  of 
tubing  connected  to  one  end  of  the  sample  cell,  with  the  other  end  placed  in  the 
observer's  ear).  The  frequency  of  the  emitted  sound  was  that  at  which  the  inci¬ 
dent  light  was  modulated. 

Tne  transformation  of  optic  to  acoustic  energy  was  reported:  "...the 
pulses  of  absorbed  optical  quanta  are  degraded  in  the  sample  to  heat  pulses, 
which  in  a  gas,  express  themselves  as  pressure  pulses,  that  is,  sound. ..." (32) . 
In  summarizing  the  sonorous  effects  produced  in  a  variety  of  materials,  Bell 
prophesied:  "I  recognize  the  fact  that  the  spectrophone  must  ever  remain  a  mere 
adjunct  to  the  spectroscope;  but  I  anticipate  that  it  has  a  wide  and  independent 
field  of  usefulness  in  the  investigation  of  absorption-spectra  in  the  ultra-red" 
(32). 


Mercadier,  Preece,  Roentgen,  and  Tyndall  also  reported  studies  of  the  opto¬ 
acoustic  effect,  particularly  with  gases  (216,  28b,  298,  299,  367) .  Their  at¬ 
tempts  were  not  very  successful,  due  to  the  lack  of  sensitive  acoustic  detection 
devices.  After  these  early  studies,  no  further  work  was  reported  until  1938. 

In  1938,  three  independent  i nvest i gators  reported  the  application  of  the 
optoacoustic  effect  to  gas  analysis.  Luft,  Pturid,  and  Veimjerov  all  described 
instruments  for  the  analysis  of  gases  and  gas  mixtures  which  utilized  the  opto¬ 
acoustic  effect  to  detect  their  absorption  of  infrared  radiation  (19b,  273,  3o0- 
362). 


bince  then,  numerous  investigators  have  measured  the  vibrational  relaxation 
rates  in  gases,  and  have  presented  theoretical  treatments  of  the  optoacoustic 
effect  (4,  b,  7,  11,  12,  16,  20-27,  42,  43,  4b,  47-b2,  b4-bb,  68,  60,  61,  64, 

66,  69-71,  76,  77,  80,  91,  92,  94,  96,  106,  107,  110-113,  116,  118,  119,  124, 
126,  136,  148-164,  168,  loO,  lt>3,  lo/,  173-178,  181,  186,  138,  194,  202-21)6, 
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TABLt.  1.  LASER  OPTOACOUSTiC  SP£CTROSCOPY-Ot  TEC  TABIC  GAS 
SENS l r I V 1 1 1 ES  (1 NTERFERENCE-FREE) 


Gas 

Laser 

Wavelength  (ym) 

Reference 

Aceton itri le 

CO) 

9,4  P(  1 6) 

670.0 

252 

Acetyl  ene 

CO, 

10,4  P( 1 4 ) 

3.0 

252 

Ammon  i  a 

CO, 

10.4  R(6) 

3.3 

252 

CO, 

9,4  R(50) 

0.8 

252 

co> 

lu.7  P<32) 

1.2 

204 

CO 

6.2  P(I5) 

0.4 

176 

CO, 

9.2  K  (30) 

0.3 

318 

COp 

10.4  R(6) 

1.1 

318 

Benzene 

CO, 

9.4  P(30) 

48.0 

COp 

9.4  P(20) 

143.0 

C(£ 

9.6  P(30) 

3.0 

1 , 3-Butad lene 

CO 

6.2  P( 1 3) 

1.0 

175 

COp 

10.7  P(30) 

2.0 

176 

Butane 

CO, 

10.4  R(  1  4) 

200.0 

252 

T-Bu+anol 

co2 

10.4  P(34) 

26.0 

252 

cc^ 

10.4  P{30) 

31.0 

252 

1 -Butene 

CO 

6.1  P(9, 

2.0 

175 

coz 

10.8  P(38) 

2.0 

176 

Cyc 1 ohexane 

CO, 

9.4  P(28) 

250.0 

252 

Cyc lohexanone 

co2 

9.6  P(  1  0) 

20.2 

71 

I , 2-0 i ch 1 oroethane 

CO} 

10.4  PH0) 

450.0 

252 

cc£ 

10.4  P(22) 

500.0 

252 

D  1  n i trate 

CO, 

9.6  P( 1 4) 

8.26 

71 

2,4-1)  i  n  1  trotoluene 

CO, 

9.6  P(  1  6) 

0.5 

71 

Ethyl  Acetate 

CO? 

9,4  P(6) 

8.3 

252 

C($ 

9.4  P( 1 4) 

9.0 

252 

Ethyl  ene 

CO? 

10.4  P( 1 4) 

2.6 

252 

CO, 

10.3  P(  1  4) 

0.2 

176 

CO? 

10.5  P(  1  4) 

0.3 

177 

i 

10.5  P( 1 4) 

0.3 

330 

Et hyl ene  G 1 yco 1 

9.4  P( 1 4) 

38.0 

1 - 

252 

Freon- 1  1 

cc^ 

9.4  K(22) 

18.0 

i  252 

Fr  eon- 1 2 

COp 

9.4  K(20) 

20.0 

WBSSk ■ 

cc§ 

10.4  P(30) 

'  5.5 

CO, 

10.8  P(42) 

,  0.35 

318 

co; 

9.2  P ( 3  2 ) 

2.4 

3  !  8 

L 

(Cont!d.  on  facing  page) 
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TABLE  1.  (Cont'd.) 


r 

1 


Gas 

Laser 

Wavelength  (um ) 

Peterence 

Freon  - 1  13 

CC^ 

9.4  P ( 2  6) 

5.0 

262 

Freon  -114 

CC^ 

9.4  P( 1 4) 

3.6 

252 

Furan 

C0Z 

10.4  R(30> 

25.0 

252 

lodo  Propane 

CO? 

9.4  K(24) 

360.0 

252 

1 sopropanol 

CC )? 

10.4  P(10) 

29.0 

252 

Methane 

He-Ne 

3.4 

10.0 

174 

Methanol 

CO? 

9.7  P C 3 4 ) 

0.3 

176 

Methyl  Chloroform 

CO? 

9.4  R(24) 

1  1.0 

252 

Methyl  Ethyl  Ketone 

co2 

10.4  P(2 2) 

83.0 

252 

Methyl  ami  ne 

cch 

9.4  P(24) 

120.0 

252 

cc£ 

9.6  P(30) 

25.3 

71 

Nitric  Oxide 

CO 

5.2  P(1  1) 

0.4 

176 

CO 

5.3  P(12) 

10.0 

175 

N i trogen  Dioxide 

CO 

6.2  P(14) 

0.1 

1  Vo 

Dye 

0.5  -  0.6 

4.0 

64 

Argon 

Not  reported 

5.0 

137 

Ni troglycer i ne 

CCh 

9.4  P( 1 4) 

0.7 

252 

CC^ 

9.4  PC  1  41 

0.23 

71 

Ozone 

CC^ 

9.4  P( 1 4) 

9.0 

252 

Perch loroethyl ene 

CO> 

10.4  P(42) 

3.2 

252 

CCh 

10.4  P(40) 

4.3 

252 

CO? 

10.8  P(42) 

1.1 

318 

CC^ 

10.8  P(40) 

1.4 

318 

Propyl  ene 

CO 

6.1  P( 9) 

3.0 

176 

Su 1  fur  Hexafluoride 

CO? 

10.4  P(  1  6) 

0.2 

252 

Tr Ich loroethyl  ene 

CO? 

10.4  P(20) 

13.0 

252 

CCh 

10.6  P(24) 

0.7 

176 

cc£ 

10.6  P(20) 

4.2 

318 

Vinyl  Chloride 

cc^ 

10.4  P ( 2 2) 

12.0 

252 

Water 

CO 

5.9  PC  13) 

14.0 

176 

207 ,  208,  209,  211,  212,  228,  235,  240,  246,  256,  257,  259,  262-268,  270,  271  , 

286,  287,  292,  294,  295,  297,  300,  303,  313-315,  318-320,  322,  330,  336, 

342-345,  347,  351-356,  365-368,  370-373,  379,  381-383,  387).  Refinements  in  the 
instrumentation  used  for  optoacoustic  measurements  have  also  been  reported  (1, 

4,  5,  9,  18,  20,  22,  24,  35-39,  41,  42,  44,  46,  54,  55,  62,  63,  66,  67,  73,  74, 
78,  79,  81,  82,  84,  85,  90,  93,  96-101,  103,  104,  114,  116,  117,  120-123,  131, 
132,  137,  145,  146,  149,  156,  157,  162,  168-172,  179,  180,  186,  187,  190,  193, 
197,  199-202,  215,  220,  224-227,  229,  236-239,  241,  243-245,  248,  249,  252,  253, 
260,  261,  269,  272,  274-276,  278,  279,  287-291 ,  293,  301,  302,  304,  321,  332, 

334,  337,  338,  341,  348-350,  359,  364,  376,  385,  386). 

In  addition  to  studying  gases  by  optoacoustic  spectroscopy,  many  inves¬ 
tigators  have  applied  this  technique  to  the  direct  examination  of  solid  and 
semi-solid  samples  (3,  8-10,  13-15,  1/,  19,  33-39,  53,  57,  72,  76,  83,  86,  1 14, 
126-130,  133-135,  155,  159,  161,  164,  166,  18?,  183,  191,  192,  195,  198,  206, 
210,  213,  217,  223,  230-234,  247,  ?s4,  258,  2/7,  29b,  305-312,  316,  317,  333, 

335,  340,  346,  363,  369,  374,  3/8,  ’HO,  384).  Houghton  and  Acton  observed  opto¬ 
acoustic  signals  from  films  of  acetylene  soot,  camphor  soot,  flat-black  paper, 
and  black-body  cavities  (133).  Harshbarger  anti  Robin,  who  described  an  experi¬ 
mental  conf i gurati on  for  optoacoustic  spectroscopy  in  the  UV  and  the  visible 
region,  reported  its  application  in  analyzing  various  solid  samples--including 
powdered  ^Cr^Oy,  flower  petals,  grass,  dried  blood  smears,  ultramarine,  and 
carbon  black  (118).  Rosencwaig  described  the  use  of  optoacoust ic  spectroscopy 
to  obtain  spectra  for  inorganic  samp  1 es  and  biological  materials  (304-312). 
Parker  (258)  and  Parker  and  Ritke  (259)  observed  optoacoustic  signals  from  a 
surface  film  on  the  window  of  a  sample  cell  designed  to  study  the  col  1 isional 
deactivation  of  singlet  molecular  oxygen.  Bennett  and  Forman  (33-39),  Kerr 
(159),  Kerr  and  Atwood  (160),  and  Rosencwaig  and  Gersho  (310,  311)  developed  not 
only  theoretical  interpretations  of  the  optoacoustic  effect  observed  in  sample 
cells  excited  by  laser  or  continuum  sources  but  also  theoretical  explanations 
for  the  heat  transfer  process  at  the  solio-gas  interface.  The  measurement  and 
theory  of  thermal  diffusivity  and  optical  absorption  spectra,  particularly  for 
nonhomogeneous  samples,  have  also  been  documented  (14,  16,  27,  28,  33-39,  48, 

52,  56,  60,  61,  69,  70,  75,  77,  80,  81,  91,  92,  94,  112,  113,  115,  118,  119, 

122,  126-130,  133,  134,  155,  159,  160,  164,  166,  171,  173,  174,  177,  181-183, 
185,  188,  191,  192,  195,  196,  205-208,  210-212,  217,  223,  234,  247,  256,  258, 
259,  262,  265,  267,  296,  297,  300,  310,  311,  313,  316,  317-319,  330,  334-336, 
340,  345,  351,  353-356,  360-362,  365,  366,  3/0,  372,  378,  382,  384). 

One  of  the  most  recent  applications  of  optoacoustic  spectroscopy  has  been 
the  detection  of  asbestos  fibers  (chrysotile)  in  municipal  drinking  water  at 
concentrat i ons  as  low  as  0.1  nanograms  per  cubic  centimeter  (277).  Also,  the 
General  Motors  Research  Laboratory  has  fabricated  an  optoacoustic  spectrometer 
to  measure  diesel  engine  exhaust  particulate  emissions  with  a  0. 6-$ec.  response 
time  (254,  275,  276). 

In  brief,  according  to  the  fort-going  review  of  the  development  and  applica¬ 
tion  of  optoacoustic  spectroscopy,  its  use  in  gaseous  arid  in  solid  analyses  has 
been  established  and  accelerated  with  the  introduction  of  laser  sources. 
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Li h  N !  i\  AL  S  Y  5  I L  M  : '  •  SC K  I  P  T  1 U  n 

I*'  optoacoustic  spectroscopy,  rd*t  ?  .in  t  light  tjner;  v  *w  nt.r.;  i  s  nn- 

veried  to  sound  pressure  (pascals),  and  tnen  t  -  on  electri.ai  potently  (  vjI  f  ^ )  . 

•  i  -cnv  i  r.>(jr— ,^f’i a  simpl  i  f  1  od  >\por m; -tnit  a  1  wplodcoust  l c  spec/  rosc  o;  /  system. 

,  i-.'il  from  tne  laser  is  Modulated  passing  it  through  a  rotating  mechanical 
chopper.  ! h c  modulated  Pea,'  the*'  passes  through  a  container  tnat  horis  i  gas 
sample.  tneryy  absorbed  from  the  laser  be;?"  n^*ts  the  gas  and  causes  Us  pres- 
s  ure  to  rise.  Since  the  beam  .  •>  .oduiateu,  this  u'-sMire  rise  is  periodic  at. 
trie  beam  Modulation  frequency.  1  ne  periodic  pressure  fluctuations  are  detecte  : 
ov  a  ..ticropnone,  converted  to  an  electr'ical  signal,  and  amplified  by  the  pre¬ 
amplifier.  The  detector  at  the  exit  ot  the  optoacous-ic  cell  is  used  to  sample 
the  laser  beam  so  that  compensation  can  be  made  for  variations  in  the  optoacnus- 
tic  spectra  caused  by  wavelength  and  temporal  intensity  fluctuations  of  the 
laser  emission.  The  two  synchronized  lock-in  amplifiers  in  the  siqnal- 
processing  section  compensate  for  phase  changes  due  to  laser  beam  walking,  since 
a  mechanical  chopper  with  narrow  slits  converts  bean  walking  to  phase  changes. 
Compensation  for  the  aforement ioned  effects  is  accomplished  by  ratioing,  with 
the  ratiometer,  the  outputs  of  the  lock-in  amplifiers.  The  optoacoustic  spectra 
are  usually  recorded  on  a  strip-chart  recorder  for  subsequent  analysis. 


Acoustic  Signal  Generation  Process 

In  order  to  maximize  the  sensitivity  of  an  optoacoustic  system  and  enhance 
its  trace  gas  detection  capabi 1 i ties,  one  must  understand  the  acoustic  signal 
generation  process  and  the  variables  affecting  i4. 

The  first  step  in  the  generation  uf  an  optoacoust i c  s i gn a  1  is  t he  a b s o r p - 
tion  oT  energy  from  the  modulated  TaseT  beam.  This  a n f  ooTt ”rT7y  proTuTe  ~a 
periodical ly  varying  heat  disturbance  in  the  gas  and  becomes  the  source  of  sound 
energy.  A  theoretical  analysis  of  the  acoustic  signal  generation  process  has 
been  developed  by  kosengren  (313,  314)  and  by  otners  (/,  A,  11,  12,  14-16, 

33-35 ,  39,  42,  70,  7/,  80,  1  13,  150,  152,  155,  16U,  1/3-176,  191,  203,  204,  20b, 
208,  211,  212,  230-232,  240,  242,  256,  287,  306-308,  352,  354,  368).  The 
important  descriptive  rel at i onshi ps  are  summarized  here: 

The  intensity  of  a  laser  beam  (erg«cnf "*sec~ 1 )  can  be  expressed  as  i(r,t), 
where  r  describes  position  and  t  is  time.  The  heat  disturbance  produced  by  the 
beam  can  be  represented  as  H(r,t).  H  has  dimensions  of  power  per  unit  volume 
(erq-ccf 3*sec~ A ) .  Tor  many  experimental  situations,  H  and  1  are  related  by  a 
simple  proportional ity  constant  (a): 


H  -  u 


(1) 


if;  i  onstunt  (a)  ha;  dimensions  of  reciprocal  length  (mm"')  and  is  commonly 
referred  to  as  absorbance,  fquaf.ion  1  is  valid  when  the  two  following  condi¬ 
tions  are  satisfied: 

a.  The  intensity  (l)  is  sufficiently  small  so  that  the  absorbing  transi¬ 
tion  is  not  saturated. 


/ 
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f’lquro  1.  Opt  oacoust.  i  c  spprtromctnr  equipment,  conf  i  qurati  on 
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h.  [he  tine  variation  ot  I  is  :  )•  i  r  h  si  ower  than  the  *:  k:  -• 

'JDSerbed  r^upur.  >  i  b  '  «*  tur  producinu  he.:'  . 

If  either  or  noth  cons  l  lions  df  o  no.  satisfied,  Mb*  r>*  1  at 1  onsn 1  p  m-twers  u  an  1  I 
DeoeS  complex,  and  quantum  ■  .ocham^d  I  coherent  el  teds  ’tost  '•  i'.ins;  ion*, 
lor  situations  when  the  two  furngoiny  '.ondi  l 5  ons  (a  an  i  o;  nave  been  ‘witisfie 
however,  o  :  ate  egtrit  ion  relating  M  and  I  nas  been  dev.*  i  eeod  by  ‘'oiser  (I  be;  md 
Krueger  ;  :  / 1  /n  ■  . 

I  o  il'  is  t  rat  e  the  rate  equation,  let  U  be  f  at?  density  of  absorbing  mole¬ 
cules;  n,  ,  the  density  ot  absorbing  molecules  in  the  excited  state;  ho,  the 
energy  6f  the  transition;  the  line  width  of  the  transition;  S,  the  line 
strength  or  the  transition;  t  ,  the  radiative  lifetime;  and  r~,  the  collisional 
decay  time  of  the  upper  state.  The  equation  describing  the  upper-state 
population  for  paths  of  decay  which  are  radiative  and  collision-induced  is: 


dn 

dt 


(?) 


Under  normal  ci rcunstances ,  collisional  excitation  effects  in  the  upper  state 
are  neglected;  this  assumption  is  valid  as  long  as  hv  »  «T,  where  k  is 
Boltzmann's  constant  and  T  is  the  gas  temperature. 

The  solution  of  Equation  2  yields  the  dependence  of  the  upper  state 
population  on  light  intensity  ( f ) ,  density  of  absorbing  molecules  (N),  and 
various  parameters  that  describe  the  transition.  The  tine  dependence  of  1  can 
oe  expressed  as: 


i(t)  =  io  a  <-  f(t> 


'  rt  \ 
L  0  / 


where  I0  is  a  constant.  Thus,  a  solution  to  Equation  ?.  is: 


(n1(t)/N)  =  (D/F)  + 


(2FT)'1  jl  -  F  exp{ 


'F 

l 


20f  ( t  ■  )  ! fit ' 


t  t ' 

♦  J  exp  {j  JF  v  2llf(t")  ]*lt"  ;  dt '  \ 


(-1) 


The  spontaneous  decay  rate 


T 


Tk 


+ 


(5) 
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fhe  stimulated  rati*  (U)  for  ahsur pf  jon  or  emission  of  radiation,  is  given  by: 


D  Is/  (hvmAv)  (6) 


and  the  quantity  F  is  defined  as: 


F  =  2D  +  i'1  (7) 


The  solution  to  Equation  2,  which  gives  the  upper-state  population  density, 
can  be  simplified  if  the  time  variation  of  I(t)  is  sufficiently  slow.  In 
particular,  if  the  time  variation  of  I ( t )  is  slow  compared  to  that  of  F,  then 
the  left  side  of  Equation  2  can  be  set  equal  to  zero.  Under  this  condition,  a 
solution  for  n,  is: 


n,  ( I  S/hviT  Av ) 

N  (2IS/hvTtAv)  +  t‘-  (8) 


Equation  8  shows  the  transition  saturation  effect  for  large  I,  that  is, 
(215/hvTrAv  »  t"*);  and  in  the  limit  of  large  I,  (n^N)  becomes  equal  to  (1/2), 
and  the  absorbing  molecules  are  evenly  divided  between  the  upper  and  lower 
states  of  the  transition.  In  the  limit  for  small  I,  Equation  8  reduces  to: 


N 


hvn  Av 


(9) 


Thus,  when  the  time  variation  of  1  is  sufficiently  slow,  and  the  intensity 
sufficiently  weak,  ni  is  proportional  to  I. 

Heat  is  generated  in  the  gas  by  the  nonradiative  decay  of  the  excited  state 
population  (n^.  The  rate  of  heat  generation  is  given  by: 


H  (f^/rjhv  (10) 


For  those  cases  where  Equation  H  i;  a  good  approximation,  Equations  9  and  10  om 
be  combined  to  yield  a  linear  dependence  of  H  on  *.  The  result  is: 


NS  i 

irAui  (M) 


Thus,  the  absorbance  (a)  is  defined  as  a  function  of  Ine  constants  describing 
the  transition  process.  The  optoacoustic  absorbance  given  by  Equation  11 
describes  the  conversion  of  light  energy  into  heat. 

F he  second  step  in  the  generation  of  the  optoacoustic  signal  is  the  exci t a- 
tj_on  (jT~sound  in  the  gas.  The  detai  led  theoretical”  treatment  ot  tins  pro.. ess 
has  been  developed  by  various  investigators  (7,  8,  11,  12,  14-16,  33-36,  3'4,  42, 
/d,  //,  80,  113,  150,  152,  155,  160,  173-176,  191,  203,  204,  206,  208,  211,  212, 
230-232,  240,  256,  287,  30b-308,  313,  314,  352,  354,  368).  The  excitation  pro¬ 
cess  for  acoustic  normal  modes  in  a  sample  cell,  the  calculation  of  the  quality 
factor  for  these  modes,  and  the  generation  of  noise  by  thermal  fluctuations  are 
summarized  in  the  following; 

Sound  in  the  gas  can  be  described  by  the  acoustic  pressure  p(r,t),  which  is 
the  difference  between  the  total  pressure  P,  and  its  average  value,  P0: 


P  =  P  - 


P 


o 


(12) 


Morse  and  Ingard  (228)  have  shown  there  is  an  acoustic  velocity  {u(r,t)I  and 
temperature  (o(r,t)}  associated  with  the  acoustic  pressure  (p).  The  acoustic 
velocity  is  the  fluid  velocity  of  the  gas  at  position  r  and  time  t  caused  by  the 
sound.  The  acoustic  temperature  is  the  departure  from  the  average  temperature 
(T)  caused  by  the  sound. 

The  heat  (H(f,t,)},  produced  by  the  absorption  of  light,  acts  as  a  source 
for  the  generation  of  sound  (228).  This  effect  can  be  described  by: 


V2p  -  c'2  (3p/3t2)  *-[(>-  l)/c2j(3H/3t) 


(13) 


where  c  is  the  velocity  of  sound,  and  y  is  the  ratio  of  the  specific  heat  of  the 
gas  at  constant  pressure  (Cp)  to  that  at  constant  volume  (Cy). 

Equation  13  is  an  i nhomogeneous  wave  equation  that  can  be  solved  by  taking 
the  Fourier  transform  of  both  sides,  and  expressing  the  solution  (p)  as  an 


infinite  series  expansion  of  the  normal 
wave  equation  (173,  174,  226-228,  256). 
yields: 

(V2  +  u>2/c2)p(r  ,u>)  = 

where 

P(r,t)  - 
H(r,t)  - 


mode  solutions  (p  )  of  the  hoi.ioqeneous 
The  Fourier  transform  of  Equation  13 


[  (  Y  -  1 )  / c 2  '|iu>i:(r,u)) 

(14) 

/ p( r,w)e"'u)t 

(15) 

/H(r,(.i)e  iu)t  r1u> 

(15) 
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A 
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The  normal  mode  solutions  tor  a  homogeneous  wave  equation  are  determined  by  the 
boundary  conditions.  It  the  walls  ot  the  sample  cell  are  rigid,  the  acoustic 
velocity  component  normal  to  the  wall  must  vanish  at  the  wall.  Since  the 
acoustic  velocity  (u)  is  related  to  the  gradient  of  p  in  the  followinq  relation¬ 
ship  (p  is  density): 


u(rfu>)  -  (i^)’  7  •  p(r,o>) 


it  follows  that  the  gradient  of  p  normal  to  the  boundary  must  vanish  at  the 
boundary  (l/o,  1/4,  22 8,  256).  This  boundary  condition  determines  the  noma 1 
mode  solutions  (p-j)  of  the  homogeneous  wave  equation: 


O’’  +  Cpp^r)  •  0 


If  the  resonant  frequency  of  the  normal  mode  ( P j ( r ) )  is  set  equal  to  wj,  these 
modes  will  be  orthogonal  and  may  be  normalized  with  the  normal izat ion  condition 
given  by  (173,  174,  22 6-228,  256): 


jP?  Pi  3  \  hj 


The  volume  integral  is  over  the  sample  cell  volume  (V^). 

Kor  a  sample  cell  cylinder  of  radius  a,  and  length  £,  Equation  13  can  be 
written  in  cylindrical  coordinates  (1/3,  1/4,  226-228,  256): 


>  - »  f  * 

r  —  !  r 


>  -  > 
+  r 


Morse  (226)  Morse  and  Inqarn  (22/,  228)  found  a  solution  given  by: 


LW  J  y  y 

p.  -  (nivf) )  [AJ  ^  (k>r)  +  BN?  (k*r)]  [C  sin  (k_^z)  +  f>  cos  ik^z)]  (21) 


where  .Im  and  Nfl,  are  Bessel  1  unctions  of  the  first  and  second  kind,  respectively. 
Since  rin  becomes  infinite  as  r  approaches  /e^o,  it  follows  that  R  0,  if 
Equation  20  is  to  represent  the  pressure  inside  a  cyl indrical ly-shaped  sample 


cell.  To  satisfy  the  boundary  condition  imposed  by  rigid  sample  cell  walls,  the 
gradient  of  p  normal  to  the  cell  walls  must  vanish  at  the  walls.  If  one  end  of 
the  gas  container  is  set  at  z  =  0,  and  the  other  end  is  at  z  =  i,  it  follows 
that  C  =  0,  and  the  allowed  values  of  are  given  by: 


kz  =  (w/*)nz  for  (nz  =  1,2,3,...) 


(22) 


Applying  the  same  boundary  condition  to  the  walls  at  r  =  a,  leads  to  the 
condition  that  the  derivative  of  Jm  (k^r),  with  respect  to  r,  must  vanish  at 
♦  r 

r  =  a: 


[ d  Jm  (k+r)/dr 


0 

a 


(23) 


which  is  equivalent  to  the  general  expression  developed  by  Morse  (226)  and  Morse 
and  Inqard  (227,  228): 


[d  J  (ua)/ da] 


for  k  + 
r 


0 

(24) 

amn 

a 

(25) 

where  amn  is  the  ntJl  root  of  the  equation  involving  the  m ^  order  Bessel 
function.  The  requirement  that  p  be  continuous,  limits  m  to  integral  values. 
Substituting  Equation  21  into  Equation  20  yields  the  resonant  frequency  of  the 
mode: 


(26) 


Thus  the  acoustic  pressure  (p)  can  be  expressed  as  an  expansion  of  the 
normal  mode  pressure  components  (pi)  and  their  associated  amplitude  components 
(Aj): 


p  (r,w)  =  );  A  .(w)p.(r) 


(27) 
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buhsti  tut  ini)  Equation  2/  into  Equation  \  i  yiplds: 


i-  !(y  -  l)/v  i/p*  HdV 

V(w)  ^  -  I---}  - - - -  (2H) 

{  1  -  S~  /to  .  ^  » 

.1  '  3  ' 


which  gives  the  node  amplitude  components  (173,  174,  226-2 28,  256).  The 
integral  in  the  numerator  on  the  right  side  of  Equation  23  represents  the 
coupling  between  the  heat  disturbance  (H)  and  the  normal  mode  pressure 
components  ( p j )  •  The  denominator  represents  t he  mode  resonance  with  Aj ,  and 
becomes  infinite  as  iu  approaches  the  natural  resonant  frequency  mj.  This  physi¬ 
cally  unreasonable  situation  is  the  result  of  the  absence  of  any  loss  mechanism 
in  Equation  13.  A  correction  can  be  made  by  modifying  Equation  23  to  include 
mode  damping  described  by  the  quality  factor  (Q j )  (1  73,  1  74,  226-228,  266): 


id  !(»  -  1 ) /Vr ] '  p-j* HdV 
A.(u>)  -  -  ( - 1  .... - L~±ll-A - 

•’  ’t.2  :  1  -  ur/,o.2  -  i.„/«oiQj]  (20) 


A  method  for  calculating  Q-j  from  the  undamped  function,  p  j ,  follows: 

To  show  the  explicit  dependence  of  the  acoustic  signal  on  the  gas  absorp¬ 
tion  and  light  intensity,  H  must  be  replaced  in  Equation  29.  Using  Equation  1, 
the  substitution  yields: 

A  {u)  «[0_-  1)/VCJ/  Pj*IdV 

j  u>  2'  |l  -  »2/w  2  -  iw/w.Q .  ]  (30) 

J  \  J  J  x  J 

Two  cases  should  be  considered  for  Equation  30.  First,  I  is  assumed  a  con¬ 
stant  throughout  the  volume  of  the  container.  In  this  case,  the  integral  in  the 
numerator  of  Equation  28  vanishes  for  j  *  0.  The  lowest  order  mode  (p0)  has  a 
resonant  frequency  (m0  =  0),  and  represents  a  constant  pressure  change  in  the 
container.  In  this  particular  case,  I  and  p0  are  proportional  to  each  other, 
and  the  vanishing  of  the  integral  for  j  t  0  is  a  direct  result  of  the  orthogon¬ 
ality  of  the  functions  for  pj.  Under  these  conditions.  Equation  30  reduces  to: 


a  (u.)  = 

1  »*>[  1  +  (i/«i>Tj)l  (31) 
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The  time  (cy),  in  the  denominator  of  Equation  31,  is  the  danpinq  time  for  p0 
resuitinq  from  heat  conduction  from  the  gas  to  the  container  walls.  Assuming 
that  the  gas  container  is  cylindrical  in  shape  with  a  cross  sectional  area  fAr;), 
length  ($,),  and  volume  (Vc),  the  total  light  beam  power  (W)  is  equal  to  I Vc/*. 

In  Equation  31  the  intensity  (I)  can  be  replaced  by  W*/Vc,  to  yield: 


V“) 


i a( ^  -  1 ) 
w(l  +  i/u»T0)V( 


(32) 


For  the  second  case,  the  situation  is  considered  where  the  spatial  distri¬ 
bution  of  the  intensity  is  adjusted  so  that  only  the  first-order  mode  (p^)  is 
excited.  Equation  30  reduces  to: 


Aj  (“>)  = 


-  ) 

“l 


a( y  -  1)W2 


vr[i  - 


)  -  i(a)/u,,Qj] 


(33) 


Exciting  a  resonant  mode  (i  *  0)  has  distinct  advantages.  At  low  frequen¬ 
cies  (ujt-j.  <<  1),  the  zero-order  mode  amplitude  is  constant,  is  independent  of 
frequency,  and  has  the  value: 


A0  = 


a(y  -  l)WJUy 


vc 


(34) 


At  high  frequencies  (urc-j.  >>  1),  the  amplitude  decreases  as  1/w.  The  first-order 
mode  amplitude  reaches  a  maximum  at  w  =  u>  .  The  ratio  of  the  maximum  amplitude 
of  the  first  resonant  mode  to  that  of  the  iero-order  mode  is: 


V“i)/A0(°>  *  V 


Vi 


(35) 


If  thp  value  of  this  ratio  is  greater  than  unity, 
amplitude  is  larger  than  the  zero-inode  amplitude, 
depends  on  mode  damping. 


then  the  first -order  mode 
Thus,  the  value  of  this  ratio 


Calculation  of  the  quality  factor  (Q)  can  be  accomplished  by  separating  the 
viscosity  and  heat  conduction  losses  into  a  volume  and  surface  loss  (228).  The 
surface  loss  occurs  in  a  thin  region  near  the  walls.  This  region  can  be  consid¬ 
ered  to  consist  of  two  layers  that  extend  out  from  the  wall  of  the  cell.  One 
layer  is  of  thickness  *v ,  in  which  the  viscosity  effects  take  place;  and  the 


other,  of  thickness  in  which  heat  conduction  effects  occur.  The  associated 
skin  depths  are  (173,  174,  226-228,  2bb): 


V  -  i'n/uH'n  (36) 

t h  _  (3  7) 

where  n  is  the  viscosity  and  <  is  the  thermal  conductivity  of  the  gas.  The 
total  surface  loss  -  Lsj  '  is  given  by: 


L  .  =  A .  I  /■  1/2  R  u .  . \-  +  1/2  R.  p.  !  ;dS 
sj  j  1  ■  v  tj |  h  • 


(38) 


where  u^  is  the  acoustic  velocity  component  tangent  to  the  cell's  walls,  and 

Rv  and  Rj,,  representing  the  loss  from  viscosity  and  heat  conduction,  are  given 
by  (173,  174,  226-228,  256): 


Rv  ( >UDp0 /2 ) 1 1 ''  (39) 

Rh  ;  ■  ( y  -  1)/p0C2](ku./2pCv)1^  (40) 


The  volume  loss  (lvj)  is  given  by: 

Lyj  =  (u^/pVHU  -  l)(K/2Cp)  +  (2n/3)  |  VC|AJ  |2 


(41) 


The  energy  ^  E j  J  stored  in  mode  j  is  given  by: 


(42) 
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therefore,  the  quality  factor  (Qj  )  can  be  calculated  from  1'quur  ioiij  T°,,  41,  and 
42,  and  the  definition  of  Q: 


Q  =  a) - - 

J  J 


Energy  Stored  in  Mode  j 


Rate  ot  Loss  of  Energy  From  Mode 


(43) 


or 


Qj  -  .j  (. 


Lsj  +  Lvj 


(44) 


The  acoustic  normal  modes  of  the  gas-filled  sample  cell  are  also  excited  by 
thermal  fluctuations,  thus  producing  a  noise  source  that  causes  a  fundamental 
limitation  on  acoustic  signal  detection  sensitivity.  Kittel  (165)  has  described 
the  theory  of  thermal  fluctuations.  The  power  spectrum  of  the  noise  is  given 
by: 


A.  (M)  1  = 
jnv  1 


4p0c"  kT 


C  J  \ ) 


i  Qi  [(l-u2/o>j2)2  +  (u/WjQj)2! 


(45) 


Mode  damping  has  an  influence  on  thermal  fluctuation  noise.  The  total  energy  of 
excitation  for  a  mode  is  equal  to  kT,  and  is  not  affected  by  Qj.  However,  the 
frequency  components  of  the  noise  depend  on  Qj .  Increasing  Qj'  shifts  the  noise 
into  a  narrow  band  around  the  mode  resonant  frequency.  In  the  case  where  the 
signal  frequency  is  well  below  the  mode  resonant  frequency  (u  <<  u>j),  Fqua- 
tion  45  reduces  to:  ’ 


A.  (w) 


jn' 


4poc' 


k  r/u>  Q .  vr 
.1.1  c 


(46) 


This  equation  shows  that  noise  may  he  reduced  by  increasing  Qj. 

A  useful  quantity  to  evaluate  the  performance  of  a  detector  is  the  noise- 
egui valent-power  (Nt.P).  The  NLP  of  an  nptoaoousMr  detector  is  the  amount  of 
power  that  would  have  to  be  absorbed  by  the  gas  to  produce  a  signal  amplitude 
equal  to  the  noise  amplitude  given  by  liquation  45.  For  optoacoustic  systems, 
the  NEP  is  given  by  (40,  173,  1/4,  7?b-?.2H,  P56): 


(NLP)'  =  8npoc7kTVcU>?/u..Qi(Y  -  1)' 


(47) 
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and  has  the  units  nr 
value  of  Equation  4/ 
acoustic  system.  It 
frequency  and  (). 


(lower  (watts)  per  ,quare-root  of  frequency  (hertz).  The 
is  that  it  can  he  used  to  optimize  the  design  of  an  opto- 
shows  that  the  NLP  is  reduced  by  increasing  the  resonant 


Acoustic  Signal  Detection 

The  final  step  in  the  generation  of  an  optoacoustic  signal  is  the  detection 
of  the  acoustic  excitation.  The  detector  element  most  commonly  used  is  the  con¬ 
denser  microphone.  In  order  to  calculate  the  magnitude  of  the  electrical  signal 
produced  by  the  microphone  and  compensate  for  the  noise  that  will  be  added  to 
this  signal  by  the  microphone  and  its  associated  preamplifier,  one  must  develop 
the  behavioral  theory  of  the  microphone  in  the  context  of  an  optoacoustic  appli¬ 
cation  (24,  29,  80,  102,  147,  173,  174,  180,  214,  218,  21S,  230,  231,  240,  242, 
256,  282,  291,  309,  313,  314,  327-329,  348,  377,  386).  Treatment  of  the  con¬ 
denser  microphone  mechanical ly--in  terms  of  position,  mass,  damping,  and  spring 
constant--has  been  documented  by  several  investigators  (29,  173,  1/4,  180,  230, 
231,  240,  25b,  313,  314).  Also,  an  electrical  model  or  the  microphone--in  terms 
of  its  equivalent  circuit — has  been  developed;  and  a  summary  of  this  model 
rol lows  here  (173,  180,  256,  328,  329,  >40,  38b): 

The  condenser  microphone  diaphragm  is  usually  fabricated  from  a  thin  metal 
disc  that  is  mounted  to  produce  a  large  radial  tension.  Acoustic  pressure  act¬ 
ing  on  one  side  of  the  diaphragm  causes  it  to  move.  This  motion  is  detected  by 
a  change  in  capacity  between  the  diaphragm  and  a  fixed  plate,  mounted  behind  the 
diaphragm.  Motion  of  the  diaphragm  may  be  described  by  the  modes  of  vibration 
for  a  thin  plate.  Since  the  lowest  order  inodes  will  cause  the  greatest  change 
in  capacity,  only  these  modes  will  be  considered.  The  motion  of  the  diaphragm 
that  generates  a  signal  can  be  described  by  a  single  degree  of  freedom,  which 
corresponds  to  the  diaphragm  bending  into  a  spherical  shape.  To  illustrate, 
consider  the  diaphragm  at  rest  in  the  yz-plane  and  its  center  at  the  origin. 

The  lowest  order  mode  corresponds  to  a  displacement  of  each  point  of  the  dia¬ 
phragm  in  the  x  direction  by  an  amount,  <(r),  given  by: 


x(r)  =  x(0)(  1  -  r  /b2  j 


(48) 


where  r  is  the  distance  between  the  origin  and  any  point  on  the  diaphragm,  x(0) 
is  the  displacement  of  the  diaphragm  at  the  origin,  and  b  is  the  radius  of  the 
diaphragm.  The  average  displacement  of  the  diaphragm  can  be  found  by  averaging 
x(r)  over  the  diaphragm  to  yield: 


x  =  (itb2)'1  fj  x(r)r  dr  do 


(A9) 
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Substi tutirnj  Equation  48  into  Equation  49  yields: 


x  -  1/2  [ x ( 0 )  ] 


(SO) 


that,  is,  the  average  displacement  is  one-half  the  displacement  at  the  center. 
The  lowest  order  mode  equation  of  motion  for  the  average  coordinate  x  is: 


d2x 


dt 


dx 

—  +  <5  —  +  K  x 
2  dt  m 


(51) 


where  m  is  the  mass  of  the  diaphragm;  w,  the  damping  factor;  Km>  the  restoring 

force  (spring  constant);  and  F,  the  external  force  applied  to  the  diaphragm. 

The  external  force  has  two  components  (a  and  b) : 

a.  the  force  resulting  from  sound  pressure  p„,  Af:1,  where  pj;i  is  the 

average  pressure  over  the  diaphragm,  and  is  surface  area  of 

the  diaphragm;  and 

b.  the  force  resulting  from  the  microphone's  bias  voltage. 

The  force  resulting  from  the  bias  voltage  causes  the  equilibrium  position 
of  the  diaphragm  to  shift  a  small  amount  (x0),  which  is  given  by: 


x  /d 
o 


c  V2  /d2 

in  B 


(52) 


where  d  is  the  distance  between  the  diaphragm  and  the  back  plate  of  the  micro¬ 
phone  capacitor  when  the  microphone  is  unbiased;  Cn  is  the  unbiased  microphone 
capacitance  given  by: 


c  A  /d 
o  m 


(53) 


and  Vf}  is  the  microphone  bias  voltage. 

The  restoring  force  (Kn)  is  produced  by  the  tension  (Isl)  in  the  microphone 
diaphragm: 


K  -  8n  I 

iii  m 


(54) 


Thi',  tension  must  be  sufficient  to  prevent  the  bias  voltage  Iron  pulling  the 
diaphragm  into  contact  with  the  hack  plate. 


The  simplest  and  most  common  wdy  to  bias  the  condenser  microphone  is  to 
apply  a  fixed  voltage  bias  through  a  larye  resistor  (k[$),  so  that  (R^Cm)’1  is 
much  less  than  the  signal  frequencies  of  interest.  The  output  voltage  of  the 
microphone  (Vs)  is  given  by: 


V 
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VnA 

B  m 

Pa, - 

dK 
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u)  q 

m  in 


(55) 


where  wn)  is  the  microphone  resonant  frequency  [a)m  =  (Km/m)1/2],  and  Qm  is  the 
quality  factor  1  Qm  i  (mKm/6 )  ‘  2  ]  •  The  open-circuit  voltage  sensitivity  (S(!1)  is 
defined  as  the  low-frequency  (u>  <<  u)m)  ratio  of  the  signal  voltage  (Vs)  to  the 
sound  pressure  (pni): 


S  =  V.)  A  /dK 
m  B  in  m 


(56) 


in  terms  of  the  microphone  equivalent  volume  (Vm)  is  found  by  combining 
Equations  54,  55,  and  56: 


S  =  VDV  /dyP  A 
m  B  in  0  m 


(57) 


The  electrical  signal  generated  by  the  microphone  as  a  result  of  the  opto- 
acoustic  pressure  signal  can  be  calculated  from  Equation  55  by  substituting  the 
proper  value  for  pm.  In  solving  Equation  13  to  find  pm,  one  must  consider  the 
effect  of  the  microphone  on  the  acoustic  behavior  of  the  gas  inside  its  con¬ 
tainer  (173,  180,  256,  313,  314).  The  addition  of  the  microphone  to  the  con¬ 
tainer  affects  the  acoustic  modes  of  the  container  by  changing  the  boundary  con¬ 
ditions  on  p j .  In  the  absence  of  the  microphone,  the  boundary  conditions  on  the 
rigid  container  walls  require  that  the  gradient  of  p  normal  to  the  wall  must 
vanish  at  the  wall.  When  the  microphone  is  added  to  the  container,  the  dia¬ 
phragm  forms  a  part  of  the  container  wall  and  this  part  is  no  longer  rigid.  In 
this  case,  the  boundary  conditions  require  the  acoustic  velocity  normal  to  the 
diaphragm  surface  to  be  equal  to  the  diaphragm  velocity  (dx/dt)  produced  by  the 
acoustic  pressure  (pm),  thus  yielding: 
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wn  i  h  is  the  boundary  condition  at  the  microphone.  I Iqu.ifion  !'  \ 

tfu*  (|re.tf*‘nf  .>f  y-  norma i  to  the  diuphrr.  m.  When  the  nil  rophom*  ;  >  udd'*d  ■  o  Hit* 

'Ms  container,  and  fquation  h8  is  used  to  describe  the  bmrMar/  condi*  inn  or, 

M  ie  •.  ’lotions  of  gnat  ion  IS  will  not,  in  general,  be  orthopnea1  - -and  id  nit  ion  > 

M ,  and  u  v*. :  i  1  no:  be  valid.  As  a  result,  sol  mho  rqautmn  1  Tor  ‘  h-* 

■op t ud  on s 1 1  (in-OiM  becomes  More  complex.  However,  m  the  ;  ,iso  tor  j  "“icr>- 
phone  coupled  to  a  v  /a  M  sample  cell,  a  si  rip  li  t  i  ca  t  i  on  ran  he  made  to  reduce  t".» 
comp  laxity  of  this  ca  1  ;u  1  a  t  i  or). 

If  the  container  is  small  enough,  and  the  modu  I  a  1. 1  on  frequency  is  inch  Vss 
tiian  the  respective  resonant  frequency  of  the  sample  cell  and  microphone,  the 
pressure  will  be  constant  and  independent  of  position  in  the  container,  and  the 
microphone  will  behave  like  an  additional  volume  (V,,)  added  to  the  sample  cell 
(173,  180,  ^b6,  313,  314).  Thus,  A0(w)  and  Vs  become: 


A  (,j] 
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which  gives  the  electrical  signal  produced  by  the  microphone.  These  two  equa¬ 
tions  describe  the  signal  generated  by  an  optoacoustic  detector.  They  provide  a 
leans  of  evaluating  the  effect  of  design  changes  on  signal  amplitude  and 
signal-to-noise  performance. 

If  the  dimensions  of  the  sample  cell  are  kept  small,  the  first  acoustic 
resonance  mode  of  the  combined  microphone  and  container  will  occur  at  the  modi¬ 
fied  resonant  frequency  of  the  microphone.  The  modified  sprinq  constant  (Kn‘ ) 
can  be  calculated  from  the  modified  effective  volume  (V,,/): 
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V  * 
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rhe  resonant  frequency  becomes: 


w,  =  :  i  +  v  /v,,j l/*’ 

1  in  v  nr  c 


?A 


(63) 


Assuming  that  loss  comes  only  from  microphone  damping,  the  noise  voltage 
|)V$n(u)|2}  is  calculated  by  combining  Equations  46,  5b,  and  61-63  (where 

Poc2  =  y  po): 
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w  y  V  (1  +  V  /\lrY 
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An  optoacoustic  condenser  microphone  can  also  be  modelled  as  a  two-terminal 
electrical  network  (173,  180,  256,  327-329,  348,  386).  The  small  signal  elec¬ 
trical  impedance  of  a  biased  microphone  is  identical  to  a  series  resistance- 
inductance-capaci tance;  and  (RLC)  resonant  circuit  shunted  by  a  capacitor.  An 
equivalent  circuit  is  shown  in  Figure  2,  in  which  Cm  is  the  microphone  high- 
frequency  capacitance,  and  C1  ,  L,  and  R  are  determined  by  the  restoring  force, 
mass,  and  damping  of  the  diaphragm,  respectively: 


V  /d‘ 


L  =  m/K  C' 
in 


K  cl) 

'  in  ' 


R  =  6/K  C  =  (Q  a)  C'  )' 
'  m  XMm  m  1 


figure  2.  Condenser  microphone  equivalent  electrical  circuit. 
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me  ^igridl  caused  by  an  acoustic  pressure  (pn)  on  the  diaphrci; 
voltage  (V^)  in  series  with  the  KLC  resonant  circuit,  ar.J  i>  gwer  ov: 


where 


(A  d/VpC  )p 
N  in  B  m 


^  (Vc 


)S 


C  =  ►.  A  /*j 
n  o  rn 


In  the  mechanical  model  of  the  microphone,  the  noise  appeared  to  be  caused 
by  viscosity  and  heat  conduction,  which  resulted  in  a  finite  Q.  In  the  electri¬ 
cal  model,  the  noise  is  represented  by  the  resistor  Johnson  noise.  Johnson 
noise  produced  by  the  resistor  in  the  equivalent  circuit  appears  as  a  noise  vol¬ 
tage  on  the  output  terminals,  and  has  exactly  the  same  amplitude  as  the  thermal 
fluctuation  noise.  The  noise  at  the  output  terminals  of  the  microphone  gener¬ 
ated  by  the  Johnson  noise  in  resistor  H  is  (40,  120,  147,  165,  197,  230,  231, 
239,  242,  256,  238,  314): 
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Iri  the  low-frequency  limit.  Equation  69  simplifies  to: 


«i  0  V  (1  +  V  /V.,) 
n  '  i  m'  in  C 
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which  is  identical  to  Equation  64. 

In  addition  to  the  thermal  fluctuation  noise,  a  significant  source  of  noise 
will  be  the  microphone  preamplifier  (Fig.  1).  Development  of  the  theory  of 
noise  introduced  by  the  microphone-preampl i f ier  combination  has  been  studied  by 
various  invest i gators  (7,  24,  29,  78,  80,  102,  173,  174,  179,  180,  197,  229-231, 
f?39,  256,  314,  327-329,  386).  A  summary  of  this  theory  follows. 

(tie  microphone  electrical  equivalent  circuit  (Fig.  2)  is  also  useful  in  the 
development  of  the  preamp  I ? f ier  noise.  A  model  of  the  microphone  and  preampli¬ 
fier  equivalent  circuit  is  shown  in  Figure  3.  Preamp) i tier  noise  is  represented 
by  a  series  voltage  noise  source  ||Vndpj,  and  a  shunt  current  noise  source 
‘|lfid|^*  N(MSe  d  ^ s  0  generated  by  che  Johnson  noise  of  the  bias  resistor 
( K  | j ) ;  capacitor  arid  the  associated  feedback  circuit  are  used  to  increase 

the  input  impedance,  and  thus  increase  the  low-frequency  response.  Combining 


..nesi-  t.hrvo  no  1  so  sources  with  tile  microphone  noi  n>  yi-’iis  the  power  ,!'•>  t.rui 
1  |  V ,i  |  f  of  the  total  noise  referred  to  the  preaiipl  j  r  ler  input.: 
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(/,  24,  29,  78,  MO,  102,  1/3,  174,  179,  180,  197,  ?29-231,  239,  2b6,  314, 
327-329,  386). 


OPTIMUM  DESIGN  OF  AN  OPT OACOIJ STIC  SPECTROMETER 
TO  DETECT  HYDRAZINE  FULLS 


In  designing  an  optoacoustic  spectrometer,  the  optimum  design  will  depend 
on  the  purpose  of  the  system.  The  ultimate  sensitivity  of  the  system  for 
detecting  minute  amounts  of  an  absorber  gas  will  be  determined  predominantly  by 
the  following  six  factors: 

a.  the  smallest  absorbed  power  detectable  by  the  microphone- 

p reamp 1 i tier  system, 

b.  the  power  density  of  the  irradiating  laser  beam, 

c.  the  signal  caused  by  scattering  and  subsequent  absorption  of  the 

incident  laser  beam  by  the  microphone, 

d.  the  absorption  cross  section  of  the  molecule  to  be  detected,  and 

e.  the  signal  caused  by  unwanted  absorption  by  other  gas  constitu¬ 

ents  (present  in  the  environment.)  from  which  a  sample  is  drawn 

for  analysis. 

Factors  d  and  e  are  influenced  by  judicious  selection  of  the  absorption  fre¬ 
quencies.  This  selection  process  requires  a  quantity  of  data  about  absorption 
spectra,  laser  frequencies,  and  possible  interfering  gases.  The  first  three 
factors  (a-c)  can  be  optimized  by  employing  several  ot  the  equations  already 
developed  in  the  previous  section  of  this  report  ("Acoustic  Signal  Detection"). 
The  following  paragraphs  present  an  outline  that  can  be  used  tor  designing  an 
optoacoustic  gas  spectrometer  for  a  specific  purpose. 

Assume  that  the  laser  source  has  a  fixed  bean  power  of  W  watts,  and  that 
the  sample  cell  is  small  enough  and  the  modulation  frequency  low  enough  that  the 
approximations  made  to  derive  Equations  6U  and  64  are  valid.  The  ultimate  sys¬ 
tem  design  goal  is  to  achieve  the  greatest  possible  absorption  sensitivity  (max¬ 
imize  the  si gna 1 -to-noi se  ratio).  The  laser  modulation  frequency  (to),  the 
dimensions  of  the  sample  cell,  and  the  microphone  design  are  the  parameters  that 
ran  readily  be  adjusted. 


r 


For  simplicity,  assume  initially  that  the  microphone  preamplifier  noise  is 
insigni fica.  *.  compared  to  the  combined  noise  of  the  entire  system.  Thus,  the 
signal-to-noise  ratio  can  be  calculated  from  Equations  60  and  64  to  yield: 
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The  factor  (y  -  l)2  can  be  increased  in  some  situations  by  selecting  a 
monatomic  gas  such  as  helium  or  argon,  rather  than  nitrogen  or  air,  to  dilute 
the  sample  to  be  measured.  However,  in  the  ^ase  where  the  hydrazine  fuels  are 
diluted  in  air,  y  is  not  adjustable.  The  factor  ET  in  the  denominator  suggests 
operating  the  system  at  as  low  a  temperature  as  possible.  IJnf ortunately , 
condensation  may  prevent  lowering  T  very  much. 

The  factor  ( £ A^/V ^ 2  can  be  regarded  as  a  coupling  coefficient  between  the 
microphone  and  the  sample  cell.  This  factor  becomes  large  when  a  large  area 
microphone  and  a  small  cross-section  cell  are  used.  For  example,  if  the  sample 
cell  is  a  cylinder  having  length  t  and  a  cross-sect ional  area  A q,  the  volume  is 
Vc  =  £Aq  and  the  factor  ( £AfT1/V q ) 2  equals  (Am/AQ)2.  To  maximize  this  factor, 
the  smallest  possible  cross-sect ional  area  is  selected.  This  area,  however,  is 
influenced  by  the  requirement  to  focus  the  laser  beam  into  the  container.  For 
example,  if  the  laser  beam  is  of  wavelength  \  and  operating  in  the  lowest  order 
transverse  mode,  then  the  minimum  beam  diameter  at  the  ends  of  the  gas  container 
is  achieved  when  the  beam  confocal  parameter  equals  the  cell  length  (79).  The 
resultant  beam  radius  (w)  at  the  input  and  output  windows  is: 


i  / 

W  =  (  X£/tt  ) 


(73) 


The  beam  radius  (w)  is  the  distance  from  the  center  of  the  beam  at  which  the 
electric  field  strength  is  e’1  of  its  value  at  the  beam  center.  The  intensity 
at  this  point  is  e  '  of  its  value  at  the  beam  center.  Selecting  (w)  as  the 
radius  of  the  cylindrical  sample  cell  allows  most  of  the  available  laser  beam 
Dower  to  enter  the  cell.  The  cell  area  becomes: 


Ac  "  u 


(74) 


Substituting  these  results  into  Equation  Tl  yields: 


Ihjs  equation  indicates  that  the  si  gnu  I -to-rioi  se  ratio  increases  ,is  ‘hi*  fre¬ 
quency  is  reduced.  Equation  7 b  was  derived  from  the  assumption  that  m  »  rj'. 
Thus,  one  must  evaluate  Equation  5o  to  understand  the  low-frequency  dependence 
of  the  si gnu 1 -to-noi se  ratio.  equation  59  indicates  that  the  signal -to-noi se 
ratio  is  maximum  when  the  frequency  is  very  low.  Practical  considerations,  so* h 
as  t  *  noise  in  electronics,  make  it  more  realistic  to  select  uj  -  This 

choice  will  reduce  the  signal-to-noise  ratio  by  a  factor  of  22  from  its  ideal 
1  ow-  f  requencv  1  i  in  1 1 . 

The  preamplifier  noise  was  neglected  in  the  foregoing  analysis.  When  pre¬ 
amplifier  noise  is  present,  optimum  system  design  will  depend  or  the  nature  of 
the  preamplifier  noise.  The  signal  amplitude  below  resonance  (lu.  60)  indicates 
the  signal  amplitude  can  be  increased  by  selecting  a  large  microphone  equivalent 
volume.  The  maximum  signal  amplitude  is  achieved  for  Vm  »  V<;.  A  design  goal  of 
Vm  -  Vc  can  readily  be  achieved.  At  low  frequencies,  the  preamplifier  current 
and  Jonnson  noi se  from  the  hias  resistor  are  the  main  noise  sources.  If  the 
combined  noise  from  these  two  noise  sources  is  larger  than  the  microphone  fluc¬ 
tuation  noise,  the  signal-to-noise  ratio  is  independent  of  frequency.  If  the 
preamplifier  voltage  noise  is  sufficiently  small,  this  frequency  independence 
will  he  maintained  up  to  the  resonant  frequency  (on).  At  this  resonance,  the 
signal-to-noise  ratio  is  enhanced  by  a  i actor  of  Q.  Thus,  operating  at  reson¬ 
ance  is  desirable  if  the  preamplifier  voltage  noise  is  small  and  the  dominant 
noise  source  is  amplifier  current  noise.  When  this  source  is  fluctuation  noise, 
the  signal  and  noise  are  increased  equally  by  resonance,  and  the  optimum  operat¬ 
ing  condition  remains  <*)]■*  Under  the  condition  where  several  noise  sources 

contribute,  or  |Vnaj^  and  |Ina|/  are  riot  independent  of  frequency,  the  optimum 

operating  frequency  may  be  different  from  iy‘  or  id,  (173,  174,  180,  25b). 

The  purpose  of  the  following  paragraphs  is  to  utilize  the  absorption  spec¬ 
tra  data  on  the  hydrazine  fuels,  manufacturers '  equipment  specifications,  and 
the  significant  equations  developed  in  tins  report  to  specify  an  optoacoust ic 
spectrometer  design  to  detect  the  hydrazine  fuels. 


Laser  Wavelength  Selection 

The  most  convenient  radiation  to  use  in  an  optoacoustic  system  is  the 
infrared  (IR).  This  radiation  is  absorbed  by  many  pollutants  of  interest  at 
wavelengths  emitted  by  commercially  available  I R  lasers,  and  the  absorption 
dependence  on  wavelength  is  character i st ic  of  the  molecular  structure  of  the 
gas.  Fortunately  the  bulk  of  air  (1^,0,,  etc.)  is  almost  transparent  to  IA 
radiation  (6,  28,  48,  52,  70,  81,  92 107,  110,  115,  124,  152,  1  76,  188,  205  , 
263,  271,  ?ffy  317,  318,  322,  330,  351,  366,  368,  360,  W3). 

The  IP  absorption  spectra  of  the  hydrazine  fuels  (hydrazine,  MMH,  IIOMU) 
appear  in  figures  4-6,  Considering  the  commercially  available  isotopic  CO. 

!  »seis,  the  hydra/ ine  fuel  absorption  spectra,  and  the  absorption  spectra  of  the 
common  atmospheric  cons  t  i  tuenf  ,  that  could  he  interferences,  an  operating  wave¬ 
length  range  ot  10./  to  10. 0  urn  appears  optimum  (2,  28,  48,  l>h,  /p^  oj  %  lit), 

124,  152,  l/h,  188,  22  1  ,  222,  2/1,  >  i  / ,  <18,  322-326,  bid,  368,  J83).  i  he 
vy  Iranian  Model  'PjOA  sea  I ed- » ube,  isofopm  in,,  (C,'t  u  *];,  6-watt  laser  satisfies 
these  requi rement s .  Ihe  technical  spe  ifications  for  *  tue  laser  are  listed  in 
Table  2;  the  tunable  operating  wavelengths,  in  table  3;  and  the  dimensional 
specifications,  in  figure  /  (324-325). 
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Variable-Speed  Chopper 


In  order  to  use  a  continuous  wave  (CW)  laser  in  an  optoacoustic  spectrom¬ 
eter,  the  light  entering  the  sample  must  be  modulated.  The  light  energy  can  be 
frequency  or  amplitude  modulated.  The  preferable  method  is  to  amplitude  modu¬ 
late  (chop)  the  laser  light.  Motor-driven  s 1 otted-wheel  mechanical  choppers 
nave  been  designed  for  this  purpose  (37-89,  105,  108,  142,  189,  190,  278,  289). 
For  this  type  of  system,  the  actual  chopping  rate  is  determined  by  multiplying 
the  number  of  apertures  or  slots  in  the  rotating  wheel  by  the  rotational  speevd 
of  the  drive  motor.  To  minimize  the  synchronous  background  signal  caused  by  a 
motor-dri ven  chopper  wheel,  the  wheel  must  be  balanced  and  vibrational ly  decou¬ 
pled  from  the  sample  cell  by  means  of  shock-absorbing  mounts.  In  addition,  the 
chopper  and  sample  cell  should  be  spaced  as  far  apart  as  possible;  this  stop 
usually  involves  placing  the  chopper  wheel  near  the  laser  exit  window.  Also 
desirable  is  minimizing  the  rotational  velocity  of  the  wheel  by  using  a  maximum 
number  of  apertures.  McClelland  and  Kniseley  have  suggested  the  use  of  a  solid 
chopper  wheel  (no  slots)  to  reduce  acoustic  emission  (208-208).  Such  a  wheel 
could,  for  example,  be  made  by  depositing  or  photo-etchi rig  a  metallic  film  pat¬ 
tern  onto  a  fused  silica  disc. 

Oscillatory  devices,  such  as  a  tuning-fork  chopper  or  a  gal vanometer-dri ven 
mi rror- vane,  can  also  be  used  for  modulating  the  laser  energy.  However,  such 
devices  are  usually  limited  iu  frequency  dr)d/or  aperture. 

Mechanical  chopping  can  be  avoided  altogether  if  a  pulsed  laser  is  used.  A 
brief  investigation  of  this  approach,  however,  revealed  no  commercial  source 
with  an  acceptable  combination  of  pulse  energy  and  lifetime. 

The  mechanical  variable-speed  light-chopper  suitable  for  this  task  is  the 
Princeton  Applied  Research  Model  192  Variable  Speed  Light  Chopper.  This  unit 
has  a  variable  chopping  rate  ranging  from  5  to  5500  cycles/sec  (Hz)  (19U,  278). 
Integrated  circuitry  provides  dual  reference  signals  (0-5  volt  peak  square 
waves)  at  chopping  rates  suitable  for  synchronizing  the  reference  channels  of 
the  lock-in  amplifiers  that  will  be  used  in  this  optoacoustic  spectrometer 
design.  A  brushless  di rect-current  drive  motor  eliminates  electrical  noise 
caused  by  commutator  arcing,  and  minimizes  increases  in  operating  temperature. 
Maximum  temperature  rise  for  this  type  of  motor  in  continuous  operation  is  less 
than  10°C,  a  characteri stic  especially  important  in  IR  work  where  warmer  chop¬ 
ping  blades  act  as  an  extraneous  noise  source.  A  shock-mounting  plate  provides 
mechanical  isolation  between  the  chopper  motor  assembly  and  the  work  surface. 


Microphone  and  Preampl i f ier 

The  pressure  oscillation  amplitudes  in  a  sample  cell  can  be  detected  with 
various  transducers,  including  condenser,  electret,  and  piezoelectric  micro¬ 
phones  (7,  20,  29,  34,  35,  39,  54,  55,  68,  77,  /«.  80,  81,  96-98,  102,  114,  118, 
143,  150,  152,  160,  173,  174,  179,  180,  198,  203,  204,  208,  212,  218,  219,  230, 
231,  240,  256,  2 57,  264,  280,  287,  309,  313,  827-329,  339,  348).  The  condenser 
microphone  is  tt^  most  sensitive  and  possesses  a  flat  frequency  response  in  the 
modulation  frequency  range  of  interest  for  optoacoustic  spectroscony. 
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VariaMe-bpeed  Chopper 


In  order  to  use  a  continuous  wave  (CW)  laser  in  an  optoacoustic  spectrom- 
eter,  the  light  entering  the  sample  must  Do  modulated.  The  light  energy  can  be 
frequency  or  amplitude  modulated.  The  preferable  method  ts  to  amplitude  modu¬ 
late  (chop)  the  laser  light.  Motor-driven  s 1 otted-wheel  mechanical  choppers 
nave  been  designed  for  this  purpose  (87-89,  105,  108,  142,  189,  190,  27 3,  289). 
For  this  type  of  system,  the  actual  chopping  rate  is  determined  by  multiplying 
the  number  of  apertures  or  slots  in  the  rotating  wheel  by  the  rotational  speed 
of  the  drive  motor.  To  minimize  the  synchronous  background  signal  caused  by  a 
motor-driven  chopper  wheel,  the  wheel  must  be  balanced  and  vi brational ly  decou¬ 
pled  from  the  sample  cell  by  means  of  shock-absorbing  mounts.  In  addition,  the 
chopper  and  sample  cell  should  be  spaced  as  far  apart  as  possible;  this  step 
usually  involves  placing  the  chopper  wheel  near  the  laser  exit  window.  Also 
desirable  is  minimizing  the  rotational  velocity  of  the  wheel  by  using  a  maximum 
number  of  apertures.  McClelland  and  Kniseley  have  suggested  the  use  of  a  solid 
chopper  wheel  (no  slots)  to  reduce  acoustic  emission  (206-208).  Such  a  wheel 
could,  for  example,  be  made  by  depositing  or  photo-etching  a  metallic  film  pat¬ 
tern  onto  a  fused  silica  disc. 

Oscillatory  devices,  such  as  a  tuning-fork  chopper  or  a  galvanometer-driven 
mi rror- vane,  can  also  be  used  for  modulating  the  laser  energy.  However,  such 
devices  are  usually  limited  in  frequency  and/or  aperture. 

Mechanical  chopping  can  be  avoided  altogether  if  a  pulsed  laser  is  used.  A 
brief  investigation  of  this  approach,  however,  revealed  no  commercial  source 
with  an  acceptable  combination  of  pulse  energy  and  lifetime. 

The  mechanical  variable-speed  light-chopper  suitable  for  this  task  is  the 
Princeton  Applied  Research  Model  192  Variable  Speed  liyht  Chopper.  This  unit 
has  a  variable  chopping  rate  ranging  from  5  to  5500  cycles/sec  (Hz)  (190,  278). 
Integrated  circuitry  provides  dual  reference  signals  (0-5  volt  peak  square 
waves)  at  chopping  rates  suitable  for  synchroni zi ng  the  reference  channels  of 
the  lock-in  amplifiers  that  will  be  used  in  this  optoacoustic  spectrometer 
design.  A  brushless  di rect-current  drive  motor  eliminates  electrical  noise 
caused  by  commutator  arcing,  and  minimizes  increases  in  operating  temperature. 
Maximum  temperature  rise  for  this  type  of  motor  in  continuous  operation  is  less 
than  10°C,  a  characteri Stic  especially  important  in  IR  work  where  warmer  chop¬ 
ping  blades  act  as  an  extraneous  noise  source.  A  shock-mounting  plate  provides 
mechanical  isolation  between  the  chopper  motor  assembly  arid  the  work  surface. 


Microphone  and  Preamulifier 

The  pressure  oscillation  amplitudes  in  a  sample  cell  can  be  detected  with 
various  transducers,  including  condenser,  electret,  arid  piezoelectric  micro¬ 
phones  (7,  20,  29,  34,  35,  39,  54,  55,  68,  77,  /8,  80,  81  ,  96-98,  102,  114,  118, 
143,  150,  152,  160,  173,  174,  179,  180,  198,  203,  204,  208,  212,  218,  219,  230, 
231,  240,  256,  2b/,  264,  280,  287,  309,  313,  327-329,  339,  348).  The  condenser 
microphone  is  the  most  sensitive  and  possesses  a  flat  frequency  response  in  the 
modulation  frequency  range  of  interes*  for  optoacoustic  spectroscopy. 
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The  most  sensitive  microphone-preamp! i tier  combination  loentit  i  from  com¬ 
mercial  sources  is  the  Bruel  &  Kjcier  Model  4144  air  condenser  microphone  joc 
Model  2619  low-noise  preamplifier  ^68,  109,  214,  213,  219,  339).  The  important 
technical  characteri st ics  of  tne  microphone  ano  preamplifier  are  summarized  in 
fables  4  and  b,  respectively  (63,  109,  214,  213,  219,  339). 


Laser  Power  Meter 

t\  laser  puwer  meter  is  employed  as  a  reference  detector  in  the  optoacoustic 
spectrometer  shown  in  Figure  1.  The  use  of  this  meter  permits  the  optoacoustic 
signal  to  be  normalized;  and,  as  a  result,  temporal  effects  of  laser  power  vari¬ 
ations  are  eliminated  (290).  The  instrument  most  suitable  for  this  application 
is  a  thermopile  detector  (Model  210),  manufactured  by  Coherent  Radiation  (134). 
Ihe  technical  specifications  for  tins  power  meter  are  summarized  in  TaMe  6 
(184). 


Lock-In  Amplifier 

The  lock-in  amplifier  is  one  of  the  most  common  and  effective  instruments 
designed  to  measure  extremely  weak  signal  intensities  in  the  presence  ot  noise 
(1,  2,  24,  41,  44,  46,  62,  63,  66,  67,  /4,  80,  90,  93,  99,  120,  131,  172,  190, 
225,  230,  231,  243,  244,  273,  286,  302,  314,  337,  349,  350,  364,  385).  In  prin¬ 
ciple,  they  operate  as  extremely  narrow-band  detectors.  A  measurement  in  which 
a  lock-in  amplifier  is  utilized  involves  throe  main  operations:  amplitude  modu¬ 
lation  (AM)  of  a  carrier  wave  with  the  desired  signal  information;  selective 
amplification;  and  synchronous  AM  demodulation.  The  AM  step  is  implemented  at 
some  specific  point  in  the  experimental  system  (e.y.,  chopping  of  laser  light); 
and  the  lock-in  amplifier  performs  the  last  two  processing  steps  (1,  24,  41,  44, 
46,  62,  b3 ,  66,  74,  90,  93,  99,  120,  131,  225,  243,  244,  337,  349,  350). 

The  key  step  in  a  lock-in  amplifier  measurement  (the  step  which  gives  the 
technique  its  name)  is  synchronous  AM  demodulation.  Synchronous  demodulation 
involves  multiplication  ot  the  modulated  carrier  wave  by  a  reference  signal 
(chopper  reference  signal)  which  has  exactly  the  same  frequency  as  the  carrier 
wave  and  is  phase- locked  to  the  carrier  wave  at  zero  degrees  phase  shift. 
Demodulation  is  completed  by  integrating  the  output  of  the  nul tipi ication  step; 
this  process  can  be  accomplished  using  a  low-pass  filter. 

A  block  diagram  of  a  conventional  lock-in  amplifier  is  shown  in  Figure  3. 
Two  input  channels  are  provided:  one  to  process  the  signal  to  be  measured  (am¬ 
plitude  modulated  carrier);  and  one  to  process  the  reference  signal.  In  almost 
all  lock-in  amplifier  optoacoustic  spectroscopy  systems,  the  phase-lock  refer¬ 
ence  signal  is  implemented  by  chopping  the  light  beam  with  a  mechanical  chopper. 
The  reference  signal  is  then  phase-locked  to  the  carrier  frequency,  but  is  not, 
in  general,  locked  at  a  zero  degrees  phase  di f ferent ial .  Thus,  a  phase  shifter 
required  in  order  that  the  relative  phase  of  the  reference  signal  can  be 
adjusted  with  respect  to  the  carrier  signal.  The  comparator  in  the  reference 
channel  converts  the  reference  to  a  bipolar  square  wave  before  this  waveform  is 
applied  to  the  f our-quadrant  multiplier.  Selective  or  tuned  amplifiers  are  also 
included  in  each  channel,  arid  art1  n -,e.|  to  exclude  broad-band  and  discrete  noise 
at.  the  desired  signal  frequent  les.  Ihe  t our-quadrant  multiplier  generates  a 
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URHNHJAL  LHAKACIlKIsIICS  07  dFjLL  A  RJAi  R  MODE;.  .MV 
PRf.WLlFHK  AND  MUULL  2804  PLWtK  yuPHL* 


*  rcpe-rt  < 

Va  1  ue 

1  ''XJf  ju  pp  >  > 

120V/2  mA 

26V/0.5  mA 

rtuotcr  6v/60  mA 

P^  l  Jr  i  Zi  t  i  uli  K  ! 

Transmitted  through  preamplifier  to 
microphone  cartridge  from  power 
suppl y 

input  i  in;»uU<iiK  " 

>10  U2//0.8  pi 

>70U//1  pf 

Rutput  Impedance 

<2  5  U 

<70 

Maximum  Jut  put  current 

1  •  5  mA  peak 

0.5  mA  peak 

Pu  1  i>e  K i  se  T  i  me 

0.2  ps 

0.2  ps 

Pu l se  Decay  T i me 

0.6  jjs 

0.6  Ms 

Temperature  Range 

-20°  to  +  60°  C 
(-4°  to  +  1  4 0°  F  ) 

-20°  to  +  60°C 
(-4°  to  «■  1  40°  F  ) 

At  tenuaf i on 
(Preamp  1 i f i er  a  1  one) 

<0.03  db 

<0.1  d£3 

Preamplifier  Noise  (dummy  microphone) 
(Lin.  20  Hz  to  200  kHz  and  A-weighted) 

— 

6u  pF  (1  in.  microphone) 

<15  |l  V 

<2.5  pv 

17  pF  (1/2  in.  microphone) 

<2  5  m  V 

<4.5  pV 

6  pT  (1/4  in.  microphone) 

<50  |i V 

<1  5  MV 

3.5  pP  (1/8  in.  microphone) 

<70  |j i/ 

<2  5  MV 

i J  •  me  n  s i on  s :  U  i  »ne  ter: 

1  2.  7  m:r»  (0.5  in*! 

) 

Length: 

83  mm  (3.25  in.) 

oaPle  Length 

2  m  (5.6  ft) 

TAHLE  6.  TECHNICAL  CHARACTER I  STICS  OF  COHERENT  RAO  (AT  I  ON 
MODEL  210  LASER  POWER  METER 


Property 

Value 

Detector 

7  hermop i 1 e 

Spectral  Range  (pm) 

0.3-30 

Maximum  Power  Rapacity  (watts) 

10 

Riv  lime  (psec) 

l 

Accuracy  (per  cent) 

*> 

Ac  five  l  jo  t  ec  tor  Ar  ea  (  mr  *r  ) 

1.81 

Price  (Doc  79) 

%  1 , 200 

— .  .  .  .. 

t 
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Figure  8.  Conventional  lock-in  amplifier  Mock  diagram. 


product  of  the  phase-compensated  carrier  and  reference  signals.  This  multipli¬ 
cation  process  produces  the  desired  information  in  a  hand  of  frequencies  about 
the  zero  frequency  component.  Demodulation  of  the  desired  siqnal  is  completed 
by  integrating  the  output  of  the  Multiplication  process  using  a  low-pass  filter 

Several  commercial ly  available  lock- in  amplifiers  are  suitable  for  proces¬ 
sing  optoa const i c  spectroscopy  signals  (1,  87,  88,  89,  90,  93,  138,  139,  140, 
141,  142,  193,  249,  255,  280,  281  ,  331,  332,  341,  349,  350) .  These  are,  in  gen 
eral,  complete  processing  systems  and  are  very  flexible  in  their  application. 
Most  of  these  systems  merely  require  r  direct  connection  to  a  suitable  trans¬ 
ducer  (condenser  microphone/preanph  Mer)  and  reference  signal  (mechanical  chop 
per).  A  strip-chart  recorder  connected  to  the  lock-in  amplifier's  output  is 
convenient  for  producing  a  permanent  record  of  the  processed  information.  The 
most  ver^atilo  lock-in  amplifier  for  this  optoacoustic  spectrometer  application 
is  the  Princeton  Applied  Research  Corporation  (PARC)  Model  124A  with  plug-in 
preamplifier  Model  117  (90,  93,  193,  ?49,  280,  281,  331,  332,  341,  350).  A  sun 
tiary  of  the  technical  character! s t ics  for  this  lock-in  amplifier  and  preampli¬ 
fier  combination  appears  in  Table  /  (90,  93,  193,  249,  280,  281,  331,  332,  341, 
350). 


Hat  ioineter 

Compensat i on  and  normal i zation  of  laser  beam  temporal  intensity  fluctua¬ 
tions  and  phase  chanqes  can  be  accomplished  using  the  configuration  of  lock-in 
amplifiers  and  ratiometer  shown  in  figure  1.  (The  function  of  the  lock-in 
amplifiers  has  been  discussed  in  the  foregoing  section.)  Normal izat ion  of  the 
two  lock-in  amplifier  output  signals  can  be  accomplished  with  several  commer¬ 
cially  available  instruments  (144,  249,  290,  331,  332).  The  ratiometer  most 
suitable  for  this  optoacoustic  spectrompter  design  is  the  Princeton  Applied 
Research  Corporation  (PARC)  Model  188  Precision  Digital  Ratiometer  (249,  331, 
332).  The  electrical  output  character! st ics  of  this  ratiometer  are  compatible 
with  must  laboratory  strip-chart  recorders.  A  summary  of  the  technica1  specif i 
cations  for  the  Model  188  ratiometer  is  presented  in  Table  8  (249,  331,  332). 


table  7.  technical  charaj  tlk  i  s  i  i  cs  r  pkincmon  ai'pli 

RE  S  L  ARCH  CORPORATION  MODEL  1 2  4  A  LOCK-IN 
AMPLIFIER  AND  model  117  preamplimer 


Property 

Value 

frequency  Range  (Hz) 

2-210x1 03 

Maximum  c u 1  1  - S  c  a  1 e  Sensitivity  (nanovolts) 

100 

Time  Constant 

1  millisecond  -  300  sec 
(0-12  db/oc  t  a ve ) 

Signal  Channel:  Modes  ot  Filtering  and 

Input  Impedance  (Zjn) 

Modes:  Notch,  Flat,  High-Pass, 

Low-Pass,  and  Bandpass. 

p  =  1-100  with  10  per  cent 

Equivalent  Noise  Bandwidth 

Z[n  =  100  megohms  shunted  by 

20  picofarad  capacitance 

Reference  Channel  Modes 

Internal  Voltage  Control  lea 

Os  c i  1  1  a  t  or 

Output  Stability  (>  in  24-hour  period) 

15  ppm 

Calibration  Level 

i 

20  nanovolts  to  100  millivolts 
in  21  levels 

>0.5  per  cent  (1  microvolt  to 

100  millivolts) 

1  per  cent  (20  nanovolts  to 

500  nanovolts) 

Price  (with  p r earn p 1 i f i e r )  (Dec  79) 

$4,785 

Sample  Cell  Desiqn 

In  designing  an  optoacoustic  system,  the  optimum  conf i qura t ion  depends  on 
the  specific  application.  The  equations  presented  in  the  preceding  section  of 
this  review  can  be  used  to  design  an  optoacoustic  spectrometer  to  measure  the 
hydrazine  fuels. 

This  desiqn  will  use  a  nonresonant,  single-pass  sample  cell;  and  the  micro¬ 
phone  will  be  coupled  directly  to  the  gas  container.  The  microphone  and  pre¬ 
amplifier  technical  characteri st ics  appear  in  Tables  4  and  5  (68,  1U9,  ?14, 

^19,  339).  The  laser  will  be  operated  at  a  wavelength  ot  10. HI?  un.  For  sim¬ 
plicity,  the  sample  cell  and  microphone  equivalent  volumes  are*  assumed  equal 
(Vr  =  Vrt). 

Thus  the  radius  and  length  of  an  optimally  designed  nonresonant.  simile-pass 
ell  tan  be  calculated  trow  Equations  /3  and  /4: 

l  =  (V„/A)1/2  -  11.78  cm  (76) 

w  =  (V  >£)1/2  =  6.366  x  10‘2  cm 


(77) 


T  Ml  l  i\  UCHN1CAL  CHAKAC1 bR I  ST  ICS  OF  PR  I  NCI  ION  A»*PL  I  Hi 
K1  MAKCM  MODf.L  I bfl  INCISION  UICIIAI  KAMuMbUK 


Input  Sensitivity 


Input  Coup  I  i ng 


Input  Impedance 


Maximum  Input  Voltage 


Input  Offset  Voltage 


Accuracy 


Cost  (Dec  1979) 


•4-1/2  Digit  Display 

•  Ratio  ( A/B) 

•  Log  l<a  t  j  o  (I  og  A/B) 
•Direct  Input  Display  of 
Channel  A  or  B 

• uog  of  Direct  Input 

( I  oq  A  >r  B) 


10  volts  full  scale  for 
Channel  A  or  B 


[)  i  r  o(  t  current  coupled 


l DO  Kilof»»s 

>  10  volts  full  sea  le 

>  !;  microvolts  per 
degree  Sent i grade 

>  0# 5  per  cent  average 


•Direct  Ratio  Output:  10  volts 
full  sea  I e 

•Log  Output:  1  volt  per  decade 
•Output  Impedance:  1  kilohm 
•Output  offset  voltage:  100  micro- 
vofts  per  degree  Centigrade 


r 


Tne  thermal  damping  time  (£y)  can  be  calculated  by  equating  it  to  the  recipro¬ 
cal  of  the  frequency  at  which  (given  by  Eq.  3/]  is  equal  to  the  container 
radius: 


tt  “  po  wl^K  (7*c 

Substituting  the  values  for  air  at  STP  [p0  -  1.29  x  10’3  gm*cm~3,  Cp  =  0.24  cal 
(gin  •  deg)’1,  and  k  =  5.48  x  10’5  cal  (cm-sec  •  deg)’1]  yields: 


i,  -  1.145  x  10'2  sec 


(79) 


The  noise  equivalent  power  (NEP)  can  be  calculated  from  Equation  47.  Since  the 
effective  spring  constant  is  doubled  when  the  microphone  is  coupled  to  the  gas 
container,  it  follows  that  u>j  Q,  =  2  uo,„  Qm.  The  optimum  modulation  frequency 
is  u)  <•  x j 1 .  For  the  speed  of  light  (c  =  3.31  x  104  cm  •  sec’1)  and  y  =  1.403, 
Equation  47  yields: 


NEP  =  3.6  x  10" 1 1  W/(Hz)  1/2 


(80) 


Since  the  absorbed  power  is  (W*£),  the  minimum  detectable  absorption  (u,n-jn)  is: 


01 

min 


3.06  x  10"12  W/[cm* (Hz) 1/2J 


(31) 


The  values  of  the  electrical  circuit  elements  in  the  equivalent,  circuit  of 
Figure  2  can  be  calculated  using  the  data  from  Tables  4  and  5.  Substituting 
into  Equation  65  yields: 


C  /C'  =  8.7 
nr 


(82) 


Therefore, 


C'  =5.1  x  10’12  farads  (S3) 


When  the  microphone  is  coupled  to  the  sample  cell,  the  spring  constant  is 
doubled  and  the  series  capacitance  (C)  for  the  equivalent  circuit  is  given  by 
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substitution  into  Equation  68,  where  Vq  is  in  volts  and  pn,  is  in  dynes-per- 
square  centimeter.  Thus, 


VG  -  4.4  x  10' 2  pn  (84) 

The  values  of  the  inductance  (L)  and  resistance  (R)  are  given  by  substitution 
into  Equations  6b  and  6/.  Thus, 

L  =  71  henries  (8b) 

R  =  4.68  x  10f>  ohms  (8b) 

The  Johnson  noise  voltage  generated  by  this  resistor  (R)  is: 

(4kTR) 1/2  =  280  nanovol ts/(Hz) 1/1  (87) 

Combining  Equations  84  and  87  yields  the  equivalent  noise  pressure: 

-  1/z  ...  (88) 

(p2noise)  =  6  *  10"°  d.yne  *  cm2/(Hz) 

If  the  frequency  is  well  below  resonance  (u>  <<  ) ,  the  voltage  given  by  Equa¬ 

tion  88  appears  as  a  voltage  at  the  input  terminals  of  the  preampl i f ier: 

( V2^)  =  29  nanovol ts/(Hz) 1/2  (89) 

In  order  for  the  preamplifier  not  to  be  the  limiting  noise  source,  the  amplifier 
voltage  and  current  noise  must  be  small  compared  to  this  value,  that  is: 

MV  I2)1'2  <  29  nanovolts/(Hz) 1/2  (90) 

I  na  | 

(  |Inap  lU  <  »  C(n  (  |^nm|2  )  1/2  -  1°’16  amperes/(H  z)1/2  (91) 
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Assuming  that  the  current  noise  is  produced  by  shot  noise  in  the  leakaqe  current 
of  the  input  field-effect  transistor  (FET)  of  the  preamplifier,  the  leakaqe  cur¬ 
rent,  Ijj,  is  restricted  to: 


I U  <  0.06  x  10-*2  amperes  (92) 


The  results  of  the  foregoing  calculations  are  summarized  in  Table  9.  The  sample 
cell  for  a  hydrazine  fuel  optoacoustic  spectrometer  is  shown  in  Figure  9.  A 
schematic  of  the  optoacoustic  system  shows  the  integration  of  all  components 
specified  in  this  analysis  (Fig.  10).  The  relative  equipment  costs  are  summa¬ 
rized  in  Table  10. 


CONCLUSION 

This  analysis  has  presented  the  basic  theory  of  optoacoustic  spectroscopy 
oriented  toward  designing  a  specific  system  to  measure  the  hydrazine  fuels.  The 
fundamental  goal  in  designing  this  system  has  been  to  measure  absorption  with 
the  greatest  possible  sensitivity  and,  thus,  maximize  the  si gnal -to-no; se  ratio. 
In  this  analysis,  all  vital  components  have  been  selected  from  commercially 
available  sources  and  integrated  into  a  system  design. 

A  word  of  caution  is  due,  however,  because  only  the  fundamental  sources  of 
noise  have  been  considered.  In  any  real  system,  additional  noise  sources  may 
further  degrade  performance.  Some  commonly  encountered  problems  are  extraneous 
acoustic  noise,  vibration-induced  noise,  and  unwanted  signals  generated  by 
absorption  of  laser  beam  energy  by  sample  cell  walls  and  windows.  To  fine-tune 
a  specific  system,  each  of  these  practical  problems  would  have  to  be  resolved. 
For  such  purposes,  experimentation  has  yielded  the  best  results  in  the  past,  and 
would  be  expected  to  do  so  in  the  future. 

* 
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TABLE  9. 


SUMMARY  OF  OPTIMUM  DESIGN  PARAMETERS  FOR  A  HYDRAZINE  FUEL 
OPTOACOUSTIC  SPECTROMETER 


Parameter 

m  «» 

Va  1  ue 

Sample  Cell  Optical  Path  Length  (t) 

11* 78  cm 

L _ _ 

Radius  of  Sample  Cell  (w) 

6.366  x  10'^  cm 

Zero-Order  Mode  Damping  Time  (T ) 

1.145  x  l 0"^  sec 

Noise  Equivalent  Power  (NEP) 

3.6  x  lO-11  W/(H z)  1/2 

Minimum  Detectable  Absorption  (cim(n) 

-12  1/2 

3  x  10  ^  W/[cm*(Hz)  1 

Signal  Source  Voltage  (VQ/Pm) 

-2  2 

4.4  x  1U  V/(dyne*cm  ) 

Microphone  Series  Resonant  Capacitance  (C* ) 

5.1  x  10'12  farads 

Microphone  Series  Resonant  Inductance  (L) 

71  Henries 

Microphone  Series  Resonant  Resistance  (K) 

i 

4.68  x  106  ohms 

Equivalent  Noise  Diaphragm  Pressure 

6  x  10~^  dy n/ 1 cm^*  (Hz )  1 

Noise  Voltage  at  Preamplifier  Input  Resulting 
from  Thermal  Fluctuation  in  Microphone  and 

Sample  Cel  1  (vnm2)1/2 

29  nanovo  1  ts/ (Hz )  ^^ 

1 

Amplifier  Noise  Voltage  (Upper  Limit) 

_ _ _ _ , _ —  i 

<29  nanovo  1 1  s/ (Hz )  ^^ 

Amplifier  Current  Noise  (Upper  Limit)  (^a)^^ 

<10”^  amperes/ (Hz) 

F  t  T  P.a+o  1  'e  f‘nr  rant  /  llnnor  t  i  mi  t  \  /t.\ 

12 

X-  n  ^  in”  -.mX  r~ 

FET  Gate  Leakage  Current  (Upper  Limit)  (1^) 


<  O.Ob  x  10' 


amperes 


Figure  9.  Nonresonant  single-pass  sample  cell  design. 
[KEY:  A  =  microphone, 

B  =  stainless-steel  sample  cell, 
C  =  window  collar, 

D  =  BaF2  window,  and 
E  =  "0"  ring  seal] 
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